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Abstract—To analyze fast transient phenomena in power
transformers winding, a distributed, white-box model is
developed in this paper. Time domain multiconductor
transmission line (MTL) theory is employed. The model is
constructed by decoupling the MTL equations using SPICE. The
developed time-domain SPICE model, unlike frequency-domain
techniques, has the ability to incorporate nonlinear components.
Different transformer winding configurations are considered,
such as interleaved and continuous disk. The model is validated
by comparing to published frequency-domain analysis results.
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I. INTRODUCTION

POWER transformers are integral elements of the power
system infrastructure. Their efficiency and reliability

significantly influence the overall performance of electric
power systems. Transformer failures can lead to disruptions
in supplying power and significant financial losses [1]. Most
of the failures in power transformers stem from fast and very
fast transient phenomena such as lightning, internal resonance,
and partial discharges (PD) [2].

To analyze the effects of transients on power transformers,
three models have been proposed for the simulation of
transformer winding. The models can be classified into
white-box, black-box, and gray-box models. In black-box
modelling, transformer winding is represented based on the
frequency response measured at its terminals. [3]. The prime
disadvantage of black-box modelling is its lack of providing
a physical insight of the transformer, making them not
preferred for internal fault analysis and resonance. Unlike the
black-box models, the white-box models uses detailed physical
and electrical characteristics of the transformer winding to
reproduce its transient behavior [4]. This method requires
geometrical data, allowing for an accurate description of the
internal voltage distribution. The purpose of using gray box
modeling is to build a physical model of the transformer
winding based on the frequency response measurement
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without having any information on the geometrical and
construction information [5].

For an accurate analysis of the transformer response to
fast and very fast transient phenomena, white-box modelling
should be used [4]. Two approaches have been developed
for the implementation of a transformer’s white-box model:
the lumped-element model and the distributed-parameter
models [6]. Lumped-element models are suitable for practical
computations because they are simple and easy to implement
[7], [8]. However, the distributed parameter model of power
transformers, which can be represented as multiconductor
transmission lines (MTL), are more accurate for very fast
transient phenomena [9]. The distributed-parameter model
can be represented in both the frequency-domain and the
time-domain. In the frequency-domain analysis, fast transient
are analyzed using fast Fourier Transform (FFT) and inverse
fast Fourier Transform (IFFT), and superposition principle
[10], [11]. This approach has several advantages such as
incorporating frequency-dependent losses and fast simulation,
but it is only valid for linear systems and devices and requires
the repetition of the analysis at many frequencies points.
Time-domain analysis on the other hand can handle nonlinear
systems and only execution of the simulation/analysis is
needed.

In this paper, a SPICE-based transformer winding
model in the time domain is developed that employs
MTL representation of winding conductors. (SPICE is a
commonly used software tool for simulating and analyzing
linear/nonlinear electric and electronic circuits.) Dependent
voltage and current sources are used to implement
phase-to-mode and mode-to-phase transformations. This
allows us to use the built-in SPICE model of a lossless,
single-conductor transmission line for simulating an MTL
structure. This approach offers several advantages, including
detailed insight into the transient behavior of transformer
winding and providing a better understanding of voltage and
current distributions during fault conditions. This methodology
facilitates the incorporation of transformer windings in a
time-domain SPICE environment, enabling the analysis of
nonlinear elements. In the following, an overview of the
proposed methodology and examples are presented to verify
its accuracy.



II. MULTICONDUCTOR TRANSMISSION LINE MODEL OF
POWER TRANSFORMERS IN TIME-DOMAIN

The conductors of a typical power transformer winding
are arranged in multiple disks, with each disk consisting
of multiple turns. Unlike 50/60Hz voltages and currents
that follow the transformer winding conductors as their
electrical path, the flow path of fast and very fast
transients is determined by their frequency content. Higher
frequency components travel through both the conductors and
stray/parasitic capacitances that exist between the turns ad
between the disks.

The travel time of fast transients in large power transformers
becomes comparable to the risetime of the transient.
Alternatively, in the frequency domain, the size of the
winding becomes comparable to the smallest wavelength of
the transient signal. As such, multiconductor transmission
line (MTL) theory should be utilized for more accurate
determination of the propagation of transients. In this
approach, each turn of either LV or HV windings is modeled
as a conductor of an MTL structure. In other words, the
developed MTL structure can include both the LV and HV
windings and any mutual coupling between them. The MTL
model is shown in Fig. 1.
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Fig. 1. Schematic of MTL modeling of a continuous-disk transformer winding
consisting of n disks with m turns per disk.

Neglecting the curvature of conductors in the model shown
in Fig. 1, the voltage and current of every conductor in a
lossless MTL can be determined by solving [12]

∂V(z, t)

∂z
= −L

∂I(z, t)

∂t
∂I(z, t)

∂z
= −C

∂V(z, t)

∂t

(1)

where V(z, t) and I(z, t) are vectors of conductors voltage and
current at position z and time t, respectively, and L and C are
the per unit length (PUL) inductance and capacitance matrices
of the MTL. To enable time domain simulation of the MTL
equations, the medium and the conductors are considered to be
lossless [13]. The impact of neglecting loss on the simulation
results is discussed later.

A. Decoupling of MTL Equations

For the case of an MTL with of n + 1 conductors (i.e.
n conductors plus 1 reference conductor), (1) consists of
2n coupled partial differential equations. Below is a brief
overview of using similarity transformation for decoupling (1)
[12].

Similarity transformation matrices TV and TI are defined
by

V(z, t) = TVVm(z, t)

I(z, t) = TIIm(z, t)
(2)

to transform the vectors of mode voltage Vm(z, t) and current
Im(z, t) to the vectors of actual (phase) voltage V(z, t) and
current I(z, t). Substituting (2) into (1) yields
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Matrices TV and TI are determined such that the 2n
equations of (3) become decoupled. Defining

Lm = T−1
V LTI

Cm = T−1
I CTV

(4)

the 2n equations of (3) are decoupled if matrices Lm and Cm

are diagonal,
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Selecting TV and TI as [12]

TV = E {LC}
TI = E {CL} (6)

where E {.} is the eigenvector operator, allows us to decouple
the 2n equations in (1). Once the MTL equations are



decoupled, each mode can be treated as a single conductor
transmission line with the characteristic impedance, the
propagation speed, and time delay of the ith mode given by

ZCmi =

√
lmi
cmi

(7)

vmi =
1√
lmicmi

(8)

TDmi =
ℓ

vmi
(9)

where ℓ is the length of the conductor.

III. MTL MODEL OF WINDING IN SPICE

Figure 2 shows the SPICE model implemented in this
paper to solve (1). The model consists of 3 sections. In
sections I and III, we have access to the actual (phase)
voltages and currents at the two ends of each turn, respectively.
Sections II consists of single-conductor transmission lines in
the mode domain. As shown in Fig. 2, phase-to-mode and
mode-to-phase transformations have been implemented using
dependent voltage and current sources given by [12]
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where n is the number of conductors (i.e. number of turns),
[TV ]ik and

[
T−1
I

]
ik

are the ikth elements of TV and inverse
of TI matrices, respectively.
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Fig. 2. A SPICE model of an MTL where phase-to-mode and mode-to-phase
transformations have been implemented using dependent voltage and current
sources.
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Fig. 3. Cross-sectional view of a) an eight disk continuous-disk winding and
b) an eight disk interleaved winding.

A. Winding Configuration

Two most common configurations used in transformer
design include continuous-disk and interleaved windings.
Figures 3 (a) and (b) show examples of turn connections for
these two types of windings. The winding shown in these
figures consists of 8 disks with 16 turns in each disk. The
SPICE model of this winding consists of an MTL with 128
(i.e. 8× 16) conductors.

Interconnection of the MTL conductors in the SPICE model
determines the type of the winding. For example, to implement
a continuous-disk winding in SPICE, the conductors are
connected such that

V1(0, t) = VS(t)

Vi(L, t) = Vi+1(0, t) (i = 1, 2, · · · , N − 1)

Ii(L, t) = Ii+1(0, t) (i = 1, 2, · · · , N − 1)

VN (L, t) = 0.

(11)

In this implementation, the turns are continuously connected,
the beginning of the widning is connected to the voltage source
VS(t), and the end of the winding is grounded.

IV. DETERMINATION OF PUL PARAMETERS

To determine the PUL inductance L and capacitance C
matrices of a given winding, we employ finite element method



(FEM) to solve magnetostatic and electrostatic equations.
This assumes that the variation of L and C matrices with
frequency is negligible [10]. An axisymmetric model is used
to include the winding turns curvature. The tank and the
core are considered as perfect electrical conductors (PEC),
which is a reasonable assumption at high frequencies [14].
The advantage of using FEM approach is the calculation of
the PUL parameters of a winding with an arbitrary geometrical
cross section.

A. Calculation of Inductance and Capacitance Matrices

To calculate the capacitance matrix C, the electrostatic
problem described by

∇2V (r, z) = 0 (12)

is solved. In (12), V is the electric potential and ∇2 represents
the Laplacian operator. The elements of C are calculated using

Cij =
qi
Vj

∣∣∣∣
V1=···=Vj−1=Vj+1=···=Vn=0

(13)

where Vj is a known voltage (e.g. 1V) applied to the jth

conductor and qi is the charge of conductor i.
To calculate the inductance matrix L, the magnetostatic

problem described by

∇2Aφ(r, z) = 0 (14)

is solved to determine the magnetic potential Aφ, where ∇2

represents the Laplacian operator [10]. By choosing a value
of Aφ = 1 for the ith turn and 0 for the rest of the turns as
the boundary conditions, the magnetic flux of the ith turn ψi
will be equal to 1. The inverse of the inductance is given by

L−1
ij =

Ii
ψj

∣∣∣∣
ψ1=···=ψj−1=ψj+1=···=ψn=0

(15)

In (15), ψj is the magnetic flux between the ground and the
conductor j and Ii is the current of conductor i.

B. Incorporation of Loss

The main source of loss in the propagation of fast transients
in a transformer winding is the ohmic resistance of the
conductors. The frequency-dependent resistance of winding
conductors can be calculated using [15]

Rcond = Re

{√
R2

dc + Z2
hf

}
(16)

where
Rdc =

1

σS

Zhf =
1

2σ(w + h)

√
jωµcσ.

In (16), σ, µc, S, w, and h are the conductivity of the
conductors,the permeability of the conductors, the cross
sectional area of the conductors, the width, and the height
of conductors cross section, respectively.

Since the built-in single conductor transmission line model
in SPICE does not include the distributed resistance of the
conductors, a pseudo-lumped model [16] was employed in
this work. The pseudo-lumped model is a relatively accurate

incorporation of distributed resistance in a transmission line by
including two lumped resistors, each equal to the half of the
resistance, at each terminal of the lossless transmission line. In
this paper, the resistance value at the center of the frequency
range (i.e. ≈ 3MHz) is used. The conductance matrix has
been neglected in this work, as the value of conductance is so
low that it does not have any impact on the simulation results.

V. RESULTS AND DISCUSSION

The details of the transformer winding, the core, and the
tank used for the time-domain analysis is given in Table I
[17]. This example that includes a HV winding only is used
to compare the results of this work with those available in the
literature [10]. A 3D view of the winding, the core, and the
tank is shown in Fig. 4.

TABLE I
GEOMETRICAL DETAILS OF THE WINDING USED IN THIS WORK ADOPTED

FROM [17].

Number of turns 128
Number of disks 8
Bare conductor dimensions 12.5× 2 mm
Total paper insulation 1 mm
Inside diameter 700 mm
Outside diameter 798 mm
Relative permittivity of paper insulation 3.8
Relative permittivity of transformer oil 2.2
Distance between disks 6 mm
Tank diameter 85 cm
Tank height 22 cm

Fig. 4. 3D view of the winding, the core, and the tank given in Table I
simulated in this paper and compared with the results available in the
literature.

Using this information FEM simulations were performed
to calculate the PUL inductance and capacitance matrices.
Figure 5 shows the potential distribution results calculated
by solving (12) using a commercial FEM software, Comsol
Multiphysics. In this figure, the potential of one of the turns
is set to 1 V while the other conductors are at ground potential.
Using these results, one element of the capacitance matrix is
calculated using (13). This procedure is repeated to calculate
all the elements of the capacitance matrix C. Similarly the
magnetostatic problem given by (14) is solved to determine
the inductance matrix L.

The model shown in Fig. 2 that consists of 768 dependent
sources was implemented using LTspice1. The terminals of

1LTspice is a free version of SPICE by Analog Devices.



Fig. 5. Potential distribution calculated using FEM when all conductors but
one are at ground potential.

the conductors can connected to represent either of the
continuous-disk or interleaved windings shown in Fig. 3. To
verify the accuracy of the SPICE model, the input admittance
of the interleaved and continuous-disk windings has been
compared with that obtained using a frequency-domain
analysis [10] (see Fig. 6). The SPICE model has been able
to accurately determine the resonant frequencies of both types
of the winding.

Figure 7 shows the time-domain response of the winding
at one of the turns (e.g. turn #15) when a Gaussian voltage
waveform is applied as the input to turn 1 (i.e. V1(0). Two
Gaussian waveforms, one with a slow rise time of 5µs and
the other with a fast rise time of 1µs, have been used.
This figure shows that the fast rise time pulse has excited
internal resonances. Internal resonances are known to generate
inter-turn voltages that exceed the insulation withstand and
cause failures [18].

To determine the voltage distribution along the winding,
a 1µs Gaussian voltage is applied to the first turn and the
peak of the voltage is determined at every turn. The variation
of the peak voltage along the winding is shown in Fig. 8.
As expected the voltage distribution is more linear for the
interleaved winding [19].

VI. CONCLUSIONS

In this paper, a time-domain MTL model for the transient
analysis of a transformer winding using SPICE is presented.
This approach involves decoupling the MTL equations using
dependent voltage and current sources and the lossless
transmission line model of SPICE. A pseudo-lumped was
used to incorporate the loss in the model. One of the
main advantages of this method is its ability to provide
rapid simulations in time-domain analysis. Unlike frequency
domain models, nonlinear and time-varying components can
be directly be added to this model, making it versatile
for a wide range of applications. A comparison between
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Fig. 6. Comparison of the magnitude of the winding input admittance
calculated using the SPICE model developed in this work and the frequency
domain analysis [10] for a) interleaved and b) continuous-disk configurations.
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Fig. 7. Voltage of the 15th turn when a Gaussian waveform with a) a slow
rise time (5µs) and b) a fast rise time (1µs) is applied as the input at turn 1 of
the continuous-disk winding. The high frequency content of the fast Gaussian
pulse excites the internal resonance of the winding.
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Fig. 8. Voltage distribution across transformer winding in both continuous
and interleaved disk configurations.

frequency-domain and time-domain analyses demonstrates that
the proposed time-domain technique offers high accuracy.
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